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This article gives errata for Ogasawara (2018a) and its supplement (Ogasawara,
2018b) in Sections E1 and E2, respectively. Having corrected the errors, the asymptotic
results in the paper have become closer to the corresponding simulated values with

increased proportions of choosing correct models by using corrected asymptotic formulas.
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E1. Errata of Ogasawara (2018a)
Page 90, line 7: The term in (2.15)

D) <2> 2
1| &, (aeo} L 0my 08,

+— nZE —T <2> - 2 .
2|20, | om,' 00,' (om,")> P =70) P = Z0) o) }

(D)
should be



<2>
1 8277:% 0, or,, 5200 : 2 2
T + n E -y <2> —r _2
2 {(800 1)<2> Eaﬂ:o ' 890 ' (ano |)<2> |: {(p 0) (pk Ok) }—>O(n )

nE{(p—,) > JE{(p] ~ )} ] }

(D)

Page 90, line 12: The term in (2.15)
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Page 93, lines 32-34: The values “2.09”, “0.0209” and “0.8422” (two times) should be
“2.087, “0.0208” and “0.8421”, respectively.

Page 93, line 12 from below: The term “—21, —31, =39, =75 and —30” should be
«-21, —41, =57, =129 and -39~.

Page 101, (A.4):
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Page 102, (A.9): In the second term of the second line on the right-hand side of the first
equation of (A.9), the factor “(2/3)” should be inserted. The factor “(3/2)” on the right-hand
side of the second equation of (A.9) should be deleted. The factor
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Tables 3, 4, 6 and 8 should be as follows:



Table 3 (Corrected after publication; May 16, 2019). Added percentages of the correct (simplest)
models selected by the M @IC s over those by the ¢IC s (the number of replications = 10,000)

The genetics of plants 3-category 4-category
(Fisher, 1970; 4 categories)  truncated Poisson truncated Poisson
(Bishop et al., 1975)

n: 50 200 800 50 200 800 50 200 800
The ¢, ina ¢ICmatchesthe ¢ for estimation of parameters.

A=0(G% 2.08 38 .13 39 59 .05 1.39 31 .07
A=-1(GM) 1.72 41 17 46 A5 .01 1.38 33 .03
A =-2 (Neyman) 501 142 27 .69 45 .03 3.79 80 .22
A=-0.5(T% 1.63 45 .09 33 34 .08 1.70 A7 .07
A=0.5 321 1.14 26 34 23 12 241 54012
A=2/3(C-R) 453 126 41 45 20 .16 2.55 g3 .11
A=1(X 568 145 41 1.10 A8 .37 3.59 90 23
A=2 849 318 .85 3.19 S8 .05 6.78 184 .44
G 2.25 56 12 46 35 .08 1.86 28 .10
E; 3.67 1.13 24 96 A8 .37 2.20 65 .14
NX 571 124 44 75 .89 .09 3.97 .80 31
The MLEs (A = 0) are used for all power divergences.

2=0(G 2.36 40 22 A48 53 .05 1.72 37 .08
A=-1(GM) 2.70 46 .18 44 A3 .00 1.75 33 .07
A =-2 (Neyman) 6.04 144 34 72 47 .03 3.46 85 22
A=-0.5(T") 2.64 37 .07 46 37 .04 1.47 320 .13
A=0.5 3.35 g8 .25 40 27 11 2.63 45 11
A=2/3(C-R) 5.01 98 .19 .56 25 .10 2.80 54 14
=1 639 137 .33 1.05 24 21 3.85 81 .20
A=2 11.64 324 .79 3.38 61 .06 713 184 35
GJ 3.18 49 12 46 37 .04 1.78 42 14
Eg2 539 1.01 22 98 24 21 242 56 .14
NX* 7.18  1.21 .36 .88 83 .04 391 1.03 .33




Table 3 (Corrected after publication; May 16, 2019). (continued)
The genetics of plants 3-category 4-category

(Fisher, 1970; 4 categories)  truncated Poisson truncated Poisson
(Bishop et al., 1975)
n: 50 200 800 50 200 800 50 200 800

The parameter estimators by A =1 (X°) are used for all power divergences.

A=0(G% 2.77 .59 A2 Sl S54 15 1.36 31 .09
A =-1(GM) 2.03 49 .06 Sl 09 .01 1.62 20 .02
A =-2 (Neyman) 510  1.48 35 78 35 .04 3.77 76 .20
A=-0.5(T% 1.64 39 14 Sl 31 .08 1.62 27 .08
A=0.5 3.37 .86 25 41 24 17 2.39 S54 .16
A=2/3 (C-R) 491 1.13 .29 57 23 .14 242 .61 .16
=10 6.04 1.39 .30 1.12 22 .27 3.67 g1 .19
A=2 8.68 3.33 .82 3.05 S54 .04 637 185 .55
GJ 2.34 57 .20 Sl 31 .08 1.73 29 .08
E; 399  1.10 16 97 22 .26 2.29 S50 .13
NX* 508 147 41 .80 65 .10 3.53 85 .17
The parameter estimators by Eg2 (Eguchi) are used for all power divergences.

A=0(G% 2.54 Sl A1 A48 S5 .03 1.69 31 .03
A =-1(GM) 1.93 .50 15 44 A2 .01 1.54 26 .04
A =-2 (Neyman) 525 154 .26 81 32 .05 3.35 .86 .19
A=-0.5(T% 1.71 33 16 45 42 .05 1.64 27 .06
A=0.5 334 1.02 .29 42 25 21 2.48 S5 .09
A=2/3 (C-R) 4.68 121 35 57 24 .19 2.70 .64 11
=10 6.19 136 38 1.05 21 24 4.02 g7 .14
A=2 890 3.39 .76 3.32 S56 .09 7.17  1.64 .49
GJ 2.63 46 .19 45 42 .05 1.79 34 .09
E; 4.06 1.04 23 92 21 24 2.36 S50 12
NX* 496 1.23 35 .93 80 .14 3.68 g5 .23

Note. n = the number of observations, Z = the number of deleted cases with zero frequenc(ies), NC =
the number of deleted cases due to non-convergence, G? = the log-likelihood ratio statistic, GM* =
the modified log-likelihood ratio statistic, Neyman = Neyman’s statistic, 7> = the Freeman-Tukey
statistic, C-R = the Cressie-Read statistic, X* = Pearson’s statistic, GF=1] effreys’ divergence, Egzz

Eguchi’s divergence, NX*> = (Neyman’s statistic + X* )/2.



Table 4 (Corrected after publication for H.A.B., b, and b, except the case of A =0 (G?); May 16,

2019). Simulated and asymptotic biases of the power divergences (the number of replications =
10,000)
The ¢, ina @IC matches the ¢ for estimation of parameters.

The genetics of plants (Fisher, 1970; 4 categories)

Model 1 SB. AB. HAB. S.b, b, SB. AB. HAB. S.b, b,
n=>50 n =200

A1=0(GY 248 -2 213 239 -66 208 -2 -2.03 -154 -6.6

A=2/3 (C-R) 261 -2 -222 -306 -108 210 -2 -2.05 -20.1 -10.8

A=1X) 278 -2 -232 -390 -159 213 -2 -2.08 -25.8 -15.9

A=2 378 -2 -2.88 -89.1 -438 228 -2 -222 -569 -43.8

E: 257 -2 -2.18 285 92 209 -2 -205 -184 92
n =800 (b))

A1=0(GY 200 -2 201 1.7 -66 (-7.0)

A=2/3 (C-R) 2.00 -2 -201 -2 -108 (-13.7)

A=1(X) 201 -2 202 -43 -159 (-19.0)

A=2 2.04 -2 -2.05 -29.0 -43.8 (-43.0)

E: 2,00 -2 -201 24 92 (-13.0)

Model 2 n=>50 n =200

A=0(G% 482 -4 -424 -409 -120 411 -4 -406 -22.1 -12.0

A =2/3 (C-R) 394 -4 -447 30 -235 408 -4 -412 -16.6 -23.5

=10 404 -4 -468 20 -340 413 -4 -417 -262 -340

A=2 462 -4 -5.69 -312 -847 426 -4 -442 511 -84.7

E; 382 -4 -443 92 217 396 -4 411 77 217
n =800 (b))

A1=0(GY -4.06 -4 -402 -464 -12.0 (-14.0)

A=2/3 (C-R) 407 -4 -4.03 -552 -235 (-27.3)

A=1(X) 408 -4 -4.04 -647 -340 (-38.0)

A=2 414 -4 -4.11 -114.1 -847 (-86.0)

E; 406 -4 -4.03 -51.6 -21.7 (-26.0)




Table 4 (Corrected after publication for H.A.B., b, and b, except the case of A =0 (G?); May 16,

2019). (continued)

The ¢, ina @IC matches the ¢ for estimation of parameters.

The genetics of plants (Fisher, 1970; 4 categories)

Model 3 SB. AB. HAB. S.b, b,
n=>50
A=0(G?) 6.03 -6 -642 -1.6 -21.0
A=2/3 (C-R) 636 -6 -6.82 -17.8 -41.0
A=1X) -6.70 -6 -7.14 -349 -57.0
A=2 899 -6 -8.58 -149.3 -129.0
E: 621 -6 -6.78 -10.7 -39.0
n =800
A=0(G?) 6.10 -6 -6.03 -80.5 -21.0
A=2/3 (C-R) 6.12 -6 -6.05 -97.5 -41.0
A=1(X) -6.14 -6 -6.07 -112.5 -57.0
A=2 623 -6 -6.16 -184.4 -129.0
E: 612 -6 -6.05 -93.1 -39.0

SB. AB. HAB. S.b, b,

-6.01
-6.09
6.16
-6.53
-6.07

(b, =b,)

(-21.0)
(-41.0)
(-57.0)

(-129.0)

(-39.0)

n =200

-6.11
-6.21
-6.29
-6.65
-6.20

-2.0
-17.9
-32.4

-21.0
-41.0
-57.0

-105.6 -129.0

-13.1

-39.0

Note. n = the number of observations, S.B. = simulated bias, A.B. = asymptotic bias =-2¢, H.A.B. =

b+n'b,=-2g+n"'b

A

> S.b,=simulated b, =n(S.B.+2q), G” = the log-likelihood ratio statistic,

C-R = the Cressie-Read statistic, X* = Pearson’s statistic, E; = Eguchi’s divergence. The number for

model identification is the number of independent parameters.



Table 6 (Corrected after publication for M* ¢ IC except the cases of A =0 (G%), A=-1(GM?), and
GJ*; May 16, 2019). ¢ ICs and M* ¢ ICs of the log-linear models for the 2x2x2 table on a survey

about alcohol, cigarette and marijuana use for US high school seniors

The ¢, ina @IC matches the ¢ for estimation of parameters.

¢ 1C
Model:  (A,c,M) (A,CM) (C,AM) (M, AC) (AC, AM) (AC, CM) (AM, CM) (AC, AM, CM) (ACM)
A=0(G?) 1292.0 5422 947.6 851.8 507.4 1020 197.8 1237 14
A=-1(GM) 12672 5761 1111.8 11783 577.6 109.1 2153 12.35 14
2 = -2 (Neyman) ok * * * 843 2060 12.32 14
A=-0.5 (T 13283 603.6 10587 1009.1 553.0 1113 2083 12.36 14
A=0.5 1233.9 4828 843.1 7492 4617 892 1860 12.38 14
A=2/3(C-R) 12193 4669 8139 7241 4479 851 1820 12.39 14
A=100) 1200.8 4403 7643 684.0 423.1 778 1742  12.39 14
A=2 12342 390.5 6742 6195 3705 617 1528 1241 14
GF 1420.6 6627 1103.8 1081.6 566.8 1160 2112 12.36 14
E; 9183 2792 6220 500.0 3505 52.8 157.1 12.39 14
NX 2107.2 1168.8 1473.9 1584.9 667.7 1564 233.0 12.37 14
M* ¢ IC
2=0(G? 1292.4 5427 948.1 8523 508.0 1027 1984 13.13 14.88
2=-1(GM) 1267.6 576.6 11123 1178.8 5782 109.7 2159 13.11 14.88
A = -2 (Neyman) * * * * * 862 2079 1459 16.65
2=-0.5(T% 1328.6  604.0 1059.1 1009.5 553.5 111.7 208.7 1293 14.66
2=0.5 1234.5 4837 844.0 750.1 4628 903 187.1 13.71 1555
A=2/3(C-R) 12200 468.0 8149 7251 4493 864 1834 1399 15.86
A=1(X3) 1202.0 441.8 7658 6855 4250 79.6 176.1 14.66 16.65
A=2 1236.9 3940 677.7 623.0 3749 661 1572 1770 20.17
GF 1421.0 6632 11043 1082.1 5674 1166 211.8 13.12 14.88
E: 919.0 2802 623.1 500.8 351.8 540 1584 1391 15.77
NX 21084 1170.3 14755 1586.5 669.6 1582 2349 1464 16.65

Note. G* = the log-likelihood ratio statistic, GM* = the modified log-likelihood ratio statistic,

Neyman = Neyman’s statistic, 7° = the Freeman-Tukey statistic, C-R = the Cressie-Read statistic, X*
= Pearson’s statistic, GJ* = Jeffreys’ divergence, E;= Eguchi’s divergence, NX* = (Neyman’s

statistic + X* )/2. An asterisk indicates a non-convergent case.

10



Table 8 (Corrected after publication for M* ¢ IC except the cases of A =0 (G?), A=
-1 (GM?), and G.J*; May 16, 2019). ¢ ICs and M* ¢ ICs of the log-linear models for

the 2-way contingency table on opinions about premarital sex and availability of

teenage birth control
The ¢, ina @IC matches the ¢ for estimation of parameters.

¢IC
Model: X,Y) (X, Y,linA) (X, Y,linB) (X,Y,XY)
A=0(GY 139.7 25.53 22.85 30
A =-1(GM 140.2 25.58 22.87 30
A = -2 (Neyman) 137.4 25.57 22.86 30
A=-0.5(T% 140.3 25.56 22.86 30
A=0.5 138.6 25.50 22.82 30
A =2/3 (C-R) 138.2 25.48 22.81 30
=1 137.5 25.45 22.78 30
A=2 136.6 25.34 22.69 30
GJ 141.1 25.57 22.87 30
E; 134.8 25.41 22.76 30
NX* 147.5 25.66 22.92 30
M* ¢ IC
A=0(G) 139.8 25.73 23.04 30.41
A =-1(GM) 140.4 25.77 23.06 30.41
A =-2 (Neyman) 137.8 26.13 23.43 31.21
A=-0.5(T% 140.5 25.71 23.01 30.31
A=05 138.9 25.83 23.15 30.71
A =2/3 (C-R) 138.6 25.88 23.21 30.86
A=1(X 138.0 26.01 23.35 31.21
A=2 137.7 26.64 24.00 32.80
GJ 141.3 25.77 23.06 30.41
E: 135.1 25.79 23.14 30.81
NX° 147.9 26.22 23.49 31.21

Note. G = the log-likelihood ratio statistic, GM* = the modified log-likelihood

ratio statistic, Neyman = Neyman’s statistic, 7° = the Freeman-Tukey statistic,

C-R = the Cressie-Read statistic, X? = Pearson’s statistic, GF=] effreys’ divergence,
E: = Eguchi’s divergence, NX* = (Neyman’s statistic + X* )/2. In “linA”,
u=(1,2,3,4)" and v=(1,2,3,4)",and in “linB”, u=(1,2,4,5)' and

v=(1,2,4,5)" before standardization.

11



E2. Errata for Ogasawara (2018b)
Page 12, line 2: A comma should be inserted. That is, the right-hand side of the third

equation of (S.1)
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Tables S1 to S5 should be as follows.
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Table S1 (Corrected after publication for H.A.B., b, and b, except in the case of 1 =0 (G*); May

16, 2019). Simulated and asymptotic biases of the power divergences (the number of replications =
10,000)
The MLEs (A = 0) are used for all power divergences.

The genetics of plants (Fisher, 1970; 4 categories)

Model 1 SB. AB. HAB. S.b, b, SB. AB. HAB. S.b, b,
n=>50 n =200

A1=0(GY 206 2 213 29 66 205 -2 203 97 -66

A=2/3 (C-R) 219 2 223 93 -113 208 -2 -2.06 -154 -11.3

A=1(X) 231 2 232 -155 -159 210 -2 -2.08 -20.7 -15.9

A=2 3.03 2 277 -513 384 224 2 219 -473 -384

E: 214 2 218 70 92 207 -2 -205 -134 92
n =800 (by)

A=0(GY 2191 2 201 744 -66  (-7.0)

A=2/3 (C-R) -1.92 2 201 674 -113  (-13.7)

A=1(X -1.92 2 =202 61.8 -159 (-19.0)

A=2 -1.96 -2 -2.05 358 -384 (-43.0)

E; 2191 2 201 684 92 (-13.0)

Model 2 n=>50 n=200

A1=0(GY 417 -4 -424 -84 -120  -407 -4 -406 -132 -12.0

A=2/3 (C-R) 449 -4 -448 247 241 @ -4l14 -4 412 273 -24.1

A=1X) 481 -4 -469 -403 -343 420 -4 -417 -392 -343

A=2 684 -4 -563 -1422 -813  -449 -4 -441 -984 -813

E: 442 -4 -444 209 220 412 -4 -411 -248 -220
n =800 (b))

A1=0(GY 395 -4 -402 424 -12.0 (-14.0)

A=2/3 (C-R) 397 -4 -403 265 241 (-27.3)

A=1(X) 398 -4 -404 143 -343 (-38.0)

A=2 405 -4 -410 -40.0 -81.3 (-86.0)

E: 397 -4 -403 270 -22.0 (-26.0)

14



Table S1 (Corrected after publication for H.A.B., b, and b, except the case of A =10 (G*); May 16,

2019). (continued)
The MLEs (A = 0) are used for all power divergences.

The genetics of plants (Fisher, 1970; 4 categories)

Model 3 SB. AB. HAB. S.b, b, SB. AB. HAB. S.b, b,
n=150 n =200

1=0(G% 639 -6 -642 -19.7 210  -6.12 -6 -611 -240 -21.0

A=2/3 (C-R) 699 -6 -6.82 -49.5 -41.0  -624 -6 -621 -472 -41.0

=1 754 -6 -7.14 772 -570 633 -6 -629 -662 -57.0

A=2 -11.26 -6 -8.58 -263.0 -129.0  -6.79 -6 -6.65 -158.0 -129.0

E, 688 -6 -6.78 -44.1 -390  -622 -6 -620 -44.8 -39.0
n =800 (b, =b,)

1=0(G 596 -6 -6.03 297 -21.0 (-21.0)

A=2/3 (C-R) 6.00 -6 -6.05 34 -41.0 (-41.0)

A=1(X 6.02 -6 -6.07 -160 -57.0 (-57.0)

A=2 6.13 -6 -6.16 -100.7 -129.0 (-129.0)

E, 6.00 -6 -6.05 28 -39.0 (-39.0)

Note. n = the number of observations, S.B. = simulated bias, A.B. = asymptotic bias =—2¢g, H.A.B. =

b+n"'b, =-2q+n"'b,, S.b,=simulated b, =n(S.B.+2¢q), G* = the log-likelihood ratio statistic,

A

C-R = the Cressie-Read statistic, X* = Pearson’s statistic, E; = Eguchi’s divergence. The number for

model identification is the number of independent parameters.
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Table S2 (Corrected after publication for H.A.B., b, and b, except the case of A =10 (G*); May 16,

2019). Simulated and asymptotic biases of the power divergences (the number of replications =
10,000)

The parameter estimators by A =1 (X°) are used for all power divergences.

The genetics of plants (Fisher, 1970; 4 categories)

Model 1 SB. AB. HAB. S.b, b, SB. AB. HAB. S.b, b,
n=>50 n =200

A1=0(GY 231 -2 -2.08 -153 4.1 205 -2 202 99 41

A=2/3 (C-R) 248 -2 221 -24.0 -10.5 -2.09 -2 -2.05 -17.2 -10.5

A=1(X) 264 -2 -232 -319 -159 212 -2 -2.08 -232 -159

A=2 -3.56 -2 -2.82 -78.1 -41.1 226 -2 221 -51.7 -41.1

Eg2 244 -2 218 -219 92 -2.08 -2 -2.05 -162 92
n =800 (by)

A=0(GY -2.00 -2 -2.01 2.6 -4.1 (-7.0)

A=2/3 (C-R) -2.01 -2 -201 -48 -10.5 (-13.7)

A=1(X -2.01 -2 -2.02 -10.8 -159 (-19.0)

A=2 -2.05 -2 -2.05 -38.1 -41.1 (-43.0)

E; -2.00 -2 -201 -39 92 (-13.0)

Model 2 n=50 n =200

A1=0(GY 377 -4 419 115 9.7 -4.02 -4 -405 -39 -97

A=2/3 (C-R) -3.85 -4 -4.46 7.3 -23.1 -408 -4 -412 -155 -23.1

A=1X) -3.97 -4 -4.68 1.7 -34.0 413 4 -4.17 -257 -34.0

A=2 464 -4 -566 -31.9 -83.0 -438 -4 -442 -753 -83.0

Eg2 375 -4 443 124 -21.7 -4.06 -4 -411 -129 -21.7
n =800 (by)

A1=0(GY -403 -4 -401 -27.0 -9.7 (-14.0)

A=2/3 (C-R) -4.05 -4 -403 -42.8 -23.1 (-27.3)

A=1(X) -4.07 -4 -4.04 -551 -34.0 (-38.0)

A=2 414 -4 -4.10 -110.3 -83.0 (-86.0)

Eg2 -4.05 -4 -403 -42.0 -21.7 (-26.0)
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Table S2 (Corrected after publication for H.A.B., b, and b, except the case of A =10 (G*); May 16,
2019). (continued)

The parameter estimators by A =1 (X°) are used for all power divergences.

The genetics of plants (Fisher, 1970; 4 categories)

Model 3 SB. AB. HAB. S.b, b, SB. AB. HAB. S.b, b,
n=150 n =200

1=0(G% 608 -6 -642 40 210 -6.04 -6 -611 -7.7 -21.0

A=2/3 (C-R) 643 -6 -6.82 -213 410 -613 -6 -621 -258 -41.0

=1 678 -6 -7.14 -392 -57.0  -621 -6 -629 -41.5 -57.0

A=2 9.18 -6 -8.58 -159.1 -129.0  -6.59 -6 -6.65 -118.0-129.0

E, 628 -6 -6.78 -14.1 -390  -6.11 -6 -620 -22.1 -39.0
n =800 (b, =b,)

1=0(G 6.08 -6 -6.03 -66.6 -21.0 (-21.0)

A=2/3 (C-R) 6.11 -6 -6.05 -88.1 -41.0 (-41.0)

A=1(X 6.13 -6 -6.07 -1054 -57.0 (-57.0)

A=2 623 -6 -6.16 -183.7 -129.0 (-129.0)

E, 6.11 -6 -6.05 -86.1 -39.0 (-39.0)

Note. n = the number of observations, S.B. = simulated bias, A.B. = asymptotic bias =—2¢g, H.A.B. =

b+n"'b, =-2q+n"'b,, S.b,=simulated b, =n(S.B.+2¢q), G* = the log-likelihood ratio statistic,

A

C-R = the Cressie-Read statistic, X* = Pearson’s statistic, E; = Eguchi’s divergence. The number for

model identification is the number of independent parameters.
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Table S3 (Corrected after publication for H.A.B., b,and b, ; May 16, 2019). Simulated and

asymptotic biases of the power divergences (the number of replications = 10,000)

The parameter estimators by Eg2 (Eguchi) are used for all power divergences.

The genetics of plants (Fisher, 1970; 4 categories)

Model 1 SB. AB. HAB. S.b, b, SB. AB. HAB. S.b, b,
n=1>50 n=200

A=0(G% 224 2 208 -120 -41 204 -2 202 -89 -41

A =2/3 (C-R) 244 2 221 -219 -105  -2.07 -2 -2.05 -149 -10.5

=10 2,60 -2 -232 -30.0 -159 210 -2 -2.08 -202 -15.9

A=2 345 2 282 723 411 223 -2 221 -465 -41.1

E; 243 2 218 214 92 207 -2 -205 -132 92
n =800 (b))

A1=0(GY 200 -2 201 24 -41  (-7.0)

A=2/3 (C-R) 201 2 201 -83 -105 (-13.7)

A=1(X) 2.02 -2 -2.02 -13.5 -159 (-19.0)

A=2 2.05 -2 -2.05 -38.1 -41.1 (-43.0)

E; 201 2 201 -68 -92 (-13.0)

Model 2 n=50 n =200

A=0(G% 368 -4 -419 158 97  -398 -4 -405 35 -97

A =2/3 (C-R) 378 -4 -446 112 231  -402 -4 -412 -41 -23.1

=10 389 -4 -468 57 -340  -406 -4 -417 -119 -34.0

A=2 452 -4 -566 -259 -830 @ -426 -4 -442 -52.8 -83.0

E; 3.69 -4 -443 153 217 -400 -4 -411 02 -217
n =800 (by)

A=0(G% 395 -4 -401 405 97 (-14.0)

A =2/3 (C-R) 397 -4 -403 264 -23.1 (-27.3)

A=1X 398 -4 -404 151 -340 (-38.0)

A=2 405 -4 -410 -363 -83.0 (-86.0)

E; 397 -4 -403 277 217 (-26.0)
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Table S3 (Corrected after publication for H.A.B., b, and b, except the case of A =10 (G*); May 16,

2019). (continued)
The parameter estimators by Eg2 (Eguchi) are used for all power divergences.

The genetics of plants (Fisher, 1970; 4 categories)

Model 3 SB. AB. HAB. S.b, b, SB. AB. HAB. S.b, b,
n=1>50 n=200

A=0(GY 603 -6 -642 -15 210 -606 -6 -6.11 -13.0 -21.0

A=2/3 (C-R) 643 -6 -682 -21.6 -41.0 -615 -6 -621 -29.8 -41.0

A=1X 684 -6 -7.14 -42.0 -57.0 -622 -6 -629 -447 -57.0

A=2 975 -6 -8.58 -187.4 -129.0  -6.59 -6 -6.65 -118.7-129.0

E; 630 -6 -678 -148 -390 -6.13 -6 -620 -254 -39.0
n =800 (b, =b,)

A=0(GY 591 -6 -6.03 752 -21.0 (-21.0)

A=2/3 (C-R) 593 -6 -6.05 543 -41.0 (-41.0)

=1 595 -6 -6.07 37.6 -57.0 (-57.0)

A=2 6.05 -6 -6.16 -37.7 -129.0 (-129.0)

E; 593 -6 -6.05 56.0 -39.0 (-39.0)

Note. n = the number of observations, S.B. = simulated bias, A.B. = asymptotic bias =-2¢, H.A.B. =
b+n'b, =-2q+n"'b,, S.b,=simulated b, =n(S.B.+2q), G* = the log-likelihood ratio statistic,

C-R = the Cressie-Read statistic, X* = Pearson’s statistic, £ ; = Eguchi’s divergence. The number for

model identification is the number of independent parameters.
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Table S4 (Corrected after publication for H.A.B., b, and b, except the case of 1= 0 (G in

Model 2; May 16, 2019). Simulated and asymptotic biases of the power divergences (the number of
replications = 10,000)
The parameter estimators by Eg2 (Eguchi) are used for all power divergences.

3-category truncated Poisson variate (Bishop et al., 1975, p.503)

Model 1 SB. AB. HAB. S.b, b, SB. AB. HAB. S.b, b,
n=1>50 n=200

A=0(GY 200 -2 -19 01 21 201 -2 -199 -12 2.1

A=2/3 (C-R) 203 -2 -199 -16 05 201 -2 200 -23 05

A=1X 207 -2 202 -33 -1.1 202 -2 201 -37 -l.1

A=2 225 -2 218 -124 -89 206 -2 -2.04 -113 -89

E; 202 -2 -197 -08 13 201 -2 -199 -13 13
n =800 (b))

A=0(GY -1.99 2 200 43 21 (-3.1)

A=2/3 (C-R) 200 -2 200 29 05 (-5.5)

=1 200 -2 200 14 -1.1  (-7.3)

A=2 201 2 201 -63 -89 (-15.8)

E; 200 -2 200 38 13 (-5.2)

Model 2 n=>50 n =200

A=0(GY 417 -4 -412 83 -62  -403 -4 -403 -61 -62

A=2/3 (C-R) 429 -4 -422 -147 -109  -406 -4 -405 -11.3 -10.9

A=1X 440 -4 -429 -199 -147  -408 -4 -407 -155 -14.7

A=2 491 -4 -463 -456 -31.5  -417 -4 -416 -345 -315

E: 428 -4 -421 -142 -104  -405 -4 -405 -109 -104
n =800 (by)

A=0(GY 401 -4 -401 -42 -62 (-6.2)

A=2/3 (C-R) 401 -4 -401 -81 -109 (-10.9)

A=1X 401 -4 -402 -11.5 -147 (-14.7)

A=2 403 -4 -404 274 -31.5 (-31.5)

E; 401 -4 -401 -73 -104 (-10.4)

Note. n = the number of observations, S.B. = simulated bias, A.B. = asymptotic bias =—2¢g, H.A.B. =
b+n"'b, =-2q+n"'b,, S.b,=simulated b, =n(S.B.+2¢q), G* = the log-likelihood ratio statistic,

A

C-R = the Cressie-Read statistic, X* = Pearson’s statistic, E; = Eguchi’s divergence. The number for

model identification is the number of independent parameters.

20



Table S5 (Corrected after publication for H.A.B., b,and b, ; May 16, 2019). Simulated and

asymptotic biases of the power divergences (the number of replications = 10,000)

The parameter estimators by Eg2 (Eguchi) are used for all power divergences.

4-category truncated Poisson variate

Model 1 SB. AB. HAB. S.b, b, SB. AB. HAB. S.h, b,
n=1>50 n=200

A=0(G?) 206 2 -191 28 45 200 -2 -198 -07 45

A=2/3 (C-R) 211 2 -196 -55 21 201 2 -199 26 2.1

A=10) 217 2 201 -83 -04 202 2 -200 -49 -04

A=2 245 2 226 226 -128 208 2 -2.06 -168 -12.8

E; 209 -2 -193 43 34 201 -2 -198 -1.0 3.4
n =800 (b))

1=0(G?) 193 2 -199 583 45  (-4.2)

A=2/3 (C-R) 193 2 2200 555 21 (-7.8)

=1 193 2 -200 53.0 -04 (-10.7)

A=2 195 2 -2.02 405 -12.8 (-23.6)

E; 193 2 2200 565 34 (-7.5)

Model 2 n=50 n=200

A=0(G?) 380 4 410 56 -52  -402 -4 -403 33 -52

A=2/3 (C-R) 399 4 426 04 -128  -405 -4 -406 99 -12.8

A=10) 409 -4 -438 46 -189 408 -4 -409 -156 -18.9

A=2 462 -4 -493 31.0 -467  -422 -4 -423 -43.6 -46.7

E: 395 4 424 26 -118  -404 -4 406 -82 -118
n =800 (by)

A=0(G?) 390 -4 -401 781 -52  (-8.5)

A=2/3 (C-R) 391 -4 -402 711 -128 (-15.6)

A=1XP) 392 4 402 654 -189 (-21.4)

A=2 395 -4 -406 389 -46.7 (-47.2)

E; 391 -4 401 722 -118 (-14.9)
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Table S5 (Corrected after publication for H.A.B., b, and b, except the case of A= 0 (G7).

(continued)

The parameter estimators by Eg2 (Eguchi) are used for all power divergences.

4-category truncated Poisson variate

Model 3 SB. AB. HAB. S.b, b SB. AB. HAB. S.h, b,
n=1>50 n=200

2=0(G?) 601 -6 -625 04 -127 600 -6 -606 0.03 -12.7

A =2/3 (C-R) 622 -6 -647 -108 -234 605 -6 -6.12 -103 -23.4

A=117 640 -6 -6.64 202 -321  -609 -6 -6.16 -19.0 -32.1

A=2 741 6 742 706 -708 630 -6 -635 -59.6 -70.8

E! 617 -6 -645 -84 224 604 -6 -611 88 -224
n =800 (b.=b,)

2=0(G) 592 6 -6.02 641 -127 (-12.7)

2=2/3 (C-R) 593 -6 -6.03 521 -234 (-23.4)

2=10) 595 -6 -6.04 430 -32.1 (-32.1)

=2 600 -6 -609 2.6 -70.8 (-70.8)

E, 593 -6 -6.03 525 224 (22.4)

Note. n = the number of observations, S.B. = simulated bias, A.B. = asymptotic bias =-2¢, H.A.B. =
b+n'b, =-2q+n"'b,, S.b,=simulated b, =n(S.B.+2q), G* = the log-likelihood ratio statistic,

C-R = the Cressie-Read statistic, X* = Pearson’s statistic, £ ; = Eguchi’s divergence. The number for

model identification is the number of independent parameters.
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